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ABSTRACT

Our aim is to evaluate four integrals pertaining to the products of Aleph-function of two variables, a class of polynomial
S N11.7- B ’}V: [yl s LY s] and the multivariable Aleph-function. On account of the most general nature of the function involved herein a very
large number of known and new integrals involving multivariable I-function and multivariable H-function follows as particular cases of our main
integrals.
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1.Introduction and preliminaries.

The function Aleph of several variables generalize the multivariable I-function recently study by C.K. Sharma and
Ahmad [4] , itself is an a generalisation of G and H-functions of multiple variables. The multiple Mellin-Barnes
integral occuring in this paper will be referred to as the multivariables Aleph-function throughout our present study and
will be defined and represented as follows.

z1
We define : K21, -+, 2r) = Nﬁfﬁ%’%?&ﬁ’ﬁ? T R 53,0 s, ()T () R
[(aj;ag,l),... 7O‘§‘T))1711] 7[Ti(aji;a<§'11))7"' aa(:)nﬂ,pi] 1 :
........................... [7i(bji; B; Bi Im+1,4] :
(G O O N T R A IR ER (A IR PR M 8 <c§’;2r) i s 4 1000]

[(5): 85 1,ma s iy (A3, 83300 )y g0 15+ 51503857 1, [ (A3 520 ) 4 0]

), T
- = W(s1, -+, S 0 (si)z2k dsy - - - ds, (1.1)
(2mw)" Jp, L, ( )kl:[l (sw)zi dsy
with w = /1

TT(l—ai+ > a/(-k)sk
’l,b(Sl,"' ,Sr): = H] 1 ( .7 Zk 1 ) (1.2)

: k
2 iz [T i Tlagi — 25— 1O‘ﬂ sk) LT —b+> 8 ()sk)]

[T D" = 6 T35, 01 = ¢ 97 s0)
(k) k Yo k k
Stz [0 TTin oy DO = %) + 690 si) T 40 D) — 10 s0)]

and ek(sk) = (1.3)
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Suppose , as usual , that the parameters

aj?.j: 17 7p7bjaj = 17 » 45
k k .

()3_1 'ank;c‘gi()k)vj:nk_*'la"'in(k);

k) . .
dé )7]:17"' mk,d(()k),j mk+17"'>Qi(k);

with k=1---,ri=1,---,R,i® =1,... ,R(k)

are complex numbers , and the O/s, I} /S, ’y's and ¢’ s are assumed to be positive real numbers for standardization
purpose such that

ng D;(k) qi
k
S YULESS RV RS DLIEHIS DRSO oIS w0
j=n+l1 71=1 j=nr+1 =1
4q;(k)
—Tiw Y 5(k()k>\0 (1.4)
j:mk+1

The reals numbers 7; are positives for ¢ = 1 to [, T;(x) are positives for i*) =11 R®)

The contour L is in the Sg-p lane and run from ¢ — 200 to 0 + 200 where 0 is a real number with loop , if

d\®)

k . .
necessary ,ensure that the poles of F( i 5; )Sk) with j =1 to my are separated from those of
T

'l —a; + Zagk)sk) with 7 =1 to n and I'(1 — cgk) + fy](k)sk) with j = 1 to ng to the left of the

=1
contour L}, . The condition for absolute convergence of multiple Mellin-Barnes type contour (1.9) can be obtained by
extension of the corresponding conditions for multivariable H-function given by as :

1
largzi| < §A§k)7r, where

n i P,(k)
=1 J=nl g=1 Jj=nr+1
mp q;(k)
+Z§J(,k)_ (k) Z 5( ()k)>0 with k=1 izl,---,R,z'(k)zl,---,R(k) 15)
' j=mp+1

The complex numbers z; are not zero.Throughout this document , we assume the existence and absolute convergence
conditions of the multivariable Aleph-function.

We may establish the the asymptotic expansion in the following convenient form :

N(z1, -, 20) =0(]21|" ... |20|"") ,max(|z1]... |2+ ) = O
N(z1,+ ,20) = 0( 22| |2eP7) s min( |z 2] ) = 00
o k) sy -4
where, with k = 1, ST O mZTL[Re(dj /5]' ), 7 =1, , My, and
Br, = maz[Re((¢lF — 1)/, j =1, ,m
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We will use these following notations in this paper

U=pi,q 7R ;V=myng; - im.,n, (1.6)
W= pi, Gy Taa)s B, iy i Tagrys R (1.7)
A={(ag;al”, - alad Anilagsafy ol ) (18)
B ={ri(bjs: B+ B Y10} (1.9)

1 1 1 1 r r r r
C =17 b 7o (€595 e o b -+ A5 0 b 7o (520075 Ine 1,0} (110)

(1), (1) o (1) . (1) ; r r T r
D frnd {(d] ) 6j )l,mq }7 T )(dji(l) ) 6j7;(1))m1 +l,qi(1)}’ RN {(d§ )’ 6§ ))17'”’/7"}’7-1-(7‘) (d;l()”’5‘51()7))mr+1’q1(r)} (111)

The multivariable Aleph-function write :

A c
R(z1,- -y 20) =RV (1.12)
B:D

Zr

The generalized Aleph-function of two variables is defined by K. Sharma [6], it's an extension of the I-function defined
by C.K. Sharma and P.L. Mishra [5] , A. Goyal et al [1, 2, 3], wich itself is a generalisation of G and H-function of
two variables. The double Mellin-Barnes integral occuring in this paper will be referred to as the Aleph-function of two
variables throughout our present study and will be defined and represented as follows.

[(w; (1) (2)] [1i (i (1) (2))]
N(yy, o) =RV M Nai M s yu [\Us Hy o g I LU Hgits i)l 14, p )
! TP QW PP QP L P Q) e (D (2)
7 % il il i il FYZARAe y2 . [LZ(Ujlﬂver ’U]’L >]M1+1,Q51)

2 (g5 0g) 1Ny e (agers i)y, L p@s (€5595) 1,88, [Lar (i ”in")]N3+17p,<,§>)

t (bys Bi)1,ms, [[fi’(bji’;6ji’)]M2+1’Q(_l2); (dj365)1,05, [Lir (djars 5ji”)]M3+17Q§?,)
1 bt
= (27’(0})2 I I C(S7 t) ¢1 (S)¢2 (S)ylyQ det (113)
1 2

where : w = v/ —1

T —w, + pMs 4+ ,u(.2)t)
C(s,1) = = T ! (1.14)

r QM 1 2 pY 1 2
dim1 Li[Hj:M1+1 (1 — vy + Uj('i)s + Uj('z')t) Hj:N1+1 [(uji — ugi)s - Mg‘i)t)]

12T — 8;5) [, T(1 — a; + a;s)
P1(s) = . o e (1.15)
D b 20 T = bjir + Bjirs) T ;2,41 T(ajir — v s)]
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blt) = 2 T(d; — 60 T2, T(1 = ¢ +59)
2 = 3) (3) (1.16)

r!’ QE// P
Di b [T 20 11 DL = djar + 6500 t) [ 12N, 10 Dejar — vjint)]

where x and y are not equal to zero. P, Pi(,l), P.(,?), Q, Q( Q(,, , My, N1, M5, No, M3, N3 are non-

(2

negative integers such that 0 << V7 < P;,0 < Ny < PZ.(, )7() < N3 < Pq(,?)

QZ > O Q7/ > O Q7// > O, sliy Liry Ly > 0.

All the p118, o s O/S, ﬁ’s, 5/8, ’yls are assumed to be positive quantities ; the definition and Aleph-function of two

variables given above will howewer , have a meaning even if some these quantities are zero. The contour L is in the S
-plane and run from —wWoO to +w0oO with loops , if necessary , to ensure that the pole of F( ﬂj )

7=1,---, M lies to the right and the poles of I'(1—a;+ o s ) j=1,- Ny

(1 —u; + u(l)s + ,u_g-Q)t) ;9 =1,---, N7 to the left contour.

>

The contour L5 is in the #-plane and run from —wo0 to +woo with loops , if necessary , to ensure that the pole of

['(dj —d;t);j =1,---, Ms lies to the right and the poles of I'(1 — ¢; +7,t); j = 1,--- , N3;

'l —u; + ,u(l)s + ,ng )t) ;7 =1,---, Nj to the left contour.

The existence conditions of ( 1.13) are given below .

P P QW QY
1
Ui =y Z Qi Z Q=L Z [)’](-i) S Z Bjir <0 (1.17)
' j=1 j=1
PO Py o
2
— ., ZO‘( ) 4 Zyﬂ,,_bi Z BE . Z(sﬂ,, <0 (1.18)
' Jj=1 =1 j
wherei =1,---,r;i' =1,---7";i" =1,--- , 7"

The condition for absolute convergence of multiple Mellin-Barnes type contour (1.13) can be obtained by extension of
the corresponding conditions for H-function of two variables given by as :

T ™ . .
larg(yi)l < A1 and |arg(ye)| < Az si=1,- syt =1, =1, 1" where:
P(l) Q'El) mo Q(Q) P.L‘(/%)
1
Ar=u Y ol w A Y g /%wZ% e Y oy >0 (1.19)
J=Ni1+1 Jj=1 Jj=1 Jj=Ma+1 Jj=N2+1
pY QW ey
2 2
Ay = 1 Z Oé;z-) _ Z 82 4 25 — Z 531,,+Z% Lin Z v >0 (1.20)
Jj=Ni+1 Jj=1 Jj=Ms3+1 j=Ns+1

We may establish the the asymptotic expansion in the following convenient form :

R(y1,y2) = 0([ya|™, [y ™) . maz([yal, [ya] ) = O

R(y1,y2) = 0(|y|™, 2|7 ) .min( [yl |ya| ) = o0
where : aq = min[Re(b;/B;)],7 =1, , Maand g = min[Re(d;/0;)],j =1,---, M3
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p1 = max[Re((a; —1)/a;)],j =1,---, Nyand B2 = maz[Re((c; —1)/v;)],7 =1,---, N3

Serie representation of Aleph-function of two variables is

Mz Ms G1+G2

NM1,N1:Ma,N2; Ms, N3 ) o § E E
<1),Q<1), LT P(2) (/2)7L ’P(,‘f), ” 7L 1! ﬁq G1'5 G2

G1,G2=0g1=0 g2=0

X g(lrlGl 915 11G2,g2 )¢1 (TIGl ,91) ¢2 (nGz,g2 )y;nal b y;nGQ’QQ (1.21)

Where C(, .), 01 (), 02 () are given respectively in (1.14), (1.15) and (1.16) and

by, + Gy dg, + Ga
77G1791 - 5 nG2792 -
BQI 502

The generalized polynomials defined by Srivastava [7], is given in the following manner :

[N1/M;] [Ns/M;]
M M, N1 MlKl (=Ns) M.k,
R N N
Ks=0 s
K K,
ANy, Ky s Ng, Ky -y, (1.22)
Where My, -+, My are arbitrary positive integers and the coefficients A[N 1, Ky s Ng, K s] are arbitrary

constants, real or complex.

2. The main integrals

In the document , we note : A(TIG17!71 s 77G2,92) = C(T/Gl,!h 1y N1G2,92 )¢1 (nthl )¢2 (77G2,92>

EN)mk, (=N k.
K;! K,!

and A; = ANy, K-+ 5 Ny, K]

In this section the following integrals have been derived :

The first integral :

Let g(z) =

21 (g(2)) (h(2))*
SEER 20 (g(@) T (@) -+, Zi(g(@)) PR (h(w))<r] WY 3 d
20 (g(2)) (h(z))
My Ms )Gi+G [Q1/FP1]  [Qr/PrR]

Z 2. Zmﬁnm“naz,%)y?cl aygtre NN

G1,G2=09g1=0g2=0 a1=0 arp=0
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Al Zill . Z}C;R (t —_ w)fufplnGl,gl —P2MGy,92 7H1a17"'7HROAR
(8 - w)_”_k1 —q11Gy g1 —42MGg, 95 — K101 ——KRragr

(t _ s>u+’v+(h1 +k1)ncy g, +((ha+k2)ngy,go +H(H1+K1)ar++(Hr+Kr)ar—1

z1(g' (1)) (W (£))"
(]_ -U-P17G, .91 — P27G2,g0 — Zf:l H’La’u h17 e >h7“)v
0,n+2:V ..
NU; W

Zr(g/(t))];” (h(t))k’” .......

(1 -v- d11G4,91 — 42MGa.g95 — Zil Kiai ki, -+ ky),A: C
T @.1)
(1-u-v-(p1 + q1)7G1 g1 — (D2 + 42)NGagn — Sonir (Hi + Ki)vi; ha + Ky hy + k), By D

t_s;h'(x): t—s

t—w s —w

Where :Upy = p; +2,¢; + 1,735 Rand g (2) =

Provided that :

a)h’a ka hlvk/7hi7ki7p1>Q17p27QQ > O,Z - 17 e ,T‘,/{:isaninteger

b, P ds?
. Y5 . Y5 7
PR B0 B, PG s P 8 )
b Cd d\”
)Re[v+q min L +¢g min L+ ) h; min -] >0
1<G<Ms 35 1< <Ms 6 1<5<m; 5(%)

1=1

1
d) largz| < §A§k)7r , where AE’“) is given in (1.5)

7T m
e)larg(yr)] < Ay 5 and |arg(y2)| < A ) where A1 and A2 are given respectively in (1.19) and (1.20)

The second integral :
t
/0 2 (L — a) TSI TR (7, (6 — )t Zp(t— )R]

zizh (t — z)*

y1xPr (1 — )\ 0,0V '
N( yaaP2(1 — x)qz) Ry ' dr

zpxhr (t — x)kr

M2 M3 Gl+62 [QI/PI] [QR/PR]

Z Z Z By G1'5 G| A(nG1791777G2792)y717G1 gly3G2 92 Z Z

G],GQ 0g1 092 0 a1:O OéR:O
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Alzlal ... Z%R (t _ 3)“+U—1+(p1+CI1)7701,91+(p2+QQ)UGQ,92 +(H1+K1)ar++(Hr+KRr)ar

thh1 +k1

R
(1 -U-D17G,,9¢ — P27Ga,g90 — Zi:l HzaZ; h’l? ) h?");
NO n+2:V Ce .
Us1:W

Zrthr—‘rk,n .......

(1 V- qQ1NG1,91 — 92"G2,92 — Zil Kiai; kla te 7k7")7 A:C
o 2.2)

(1-u-v-(p1 + ¢1)0G1,9. — (D2 + @2)1Gargs — Db (Hi + K)oz hy + ki, -+ by + k), By D

Where :Us; =p; +2,¢; + 1,7, R

Provided that :

aYh,k, W k' hi, ki, p1,q1,p2,q2 > 0,4 =1,--- 7, kisan integer
r 40

b; o d; ;
b)Re[qupH\I?gzleB_J+p21<r?£zl\43§+ h1<r§1g¢1m5(2)]>0

J i=1
L _J 3 J
ORdeta iy, F e, i ek )

1
d) largz| < iAz(k)W , where AZ(-k) is given in (1.5)

T T
e) Iarg(y1)| <Ay 9 and |a7°g(y2)| < Aj 9 where A1 and Ag are given respectively in (1.19) and (1.20)

The third integral :

1
/m“(l—w)”_lgFl[ BrusalSE PR (20 (1— a)™ o Zp(1 - 2)Fn)
0

z1(1 —x)™
yi(l—2)P\ o,n:v '
¥ (Va1 o) MO "
7, (1 — x)lr
Mo Ms G1—|—G2 [QI/P]-] [QR/PR]

- Z Z Z m A(77G1,gl ) 77G2,g2) y?Gl 91 ynG2 192 Z e Z

G17G2 091 092 0 a1:0 OéR:O
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VA

(1 -0 v-png, g + @+ B =% Hii;hy, -, hy),

(65] QR On+2V
Ay Zy - ZRT R Gy

g (Lo -anc, g, +a = L Hiaghy,--- hy),
(1-V Pl g0 — Yoieg Hictizha, o ), A C
Y 2.3)
(1-u-v- aANGy,go + B — Zf; Hioi;h, -+ hy), B; D
Where :Uss = p; +2,q; + 2,75, R
Provided that :

a)h,k,h' k' hi ki, p1,q1,p2,92 > 0,4 =1,--- 7, kisan integer

b, A < s’
L i hat/A ) ; J
PR B0, B TSN 5 T M 5w
= J

r d(-i)

d.
+¢ min 2L+ h; min -] >0
1IMs 05 g <m0

R
c) Relv+ ¢ \I?g}% /83

1
d) |argzi| < iAgk)ﬂ', where Agk) is given in (1.5)
T s
e) larg(y1)] < As B} and |arg(y2)| < Az 5 where A1 and A2 are given respectively in (1.19) and (1.20)
f) Re(u+v+a+ 3) > 0,Re(u) >0

The fourth integral :

[ a0 - a2 w (SO

S [+ a) (L= 2) o ZR(1 4 2) TR (1 — )]
z21(1+2)" (1 - )M

RE - de
2 (1 =)t (1 — )

Mo Ms (]1+(12 [Ql/Pl] [QR/PR]

Z 2 Zﬁq G116,. G SA(NGy g0 NG YL Y Y e Y
1

Gl,Gz 0g1= 092 0 a1=0 arp=0
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A g Zan 2u+v+(p1+Q1)7lG1,g1 +(p2+q2)nGy, 95 +H(Hi+k1)or++(Hr+KRr)ar—1 (Oz + 1; w)
1 279t 2

w!

w
—w : R)(1 ! ! ‘R
— Rl(o/ +1; R)
Z12h1+1€1 R
(1 -u-p10G,,g. — P2NGa,gs — 2 ieq Hicisha, -+ hy),
0,n4+2:V
NU; W

Zr2h7«+kq~ .......

(1 -v- d11G4,91 — 42MGa.g5 — Zle Ko ky,--- k), A: C
2.4)

(1-uv-(p1 + 1)161 .90 — (P2 + G2)1G g — Yoie (Hi + Ki)ai; by + k- b + ki), By D

Where :Us1 = p; +2,¢; + 1,75 R ;
Provided that :

a)ha k7 hlvk,7hiaki7p17q17p27QQ > 07Z = 17 ,T,kisaninteger

% in % min

D Relut e iy, 5 e i, 5D e i )20
r (2)
b . dj -

ORelta, niy, 5w, iy GE 2 b i, )0

1
d) largz| < §Az(-k)ﬂ' , where Agk) is given in (1.5)

T s
e)larg(yr)] < Ay ) and |arg(y2)| < A 5 where A1 and Az are given respectively in (1.19) and (1.20)

Proof :

To establish the integral (2.1), express the generalized polynomials , occuring on the L.H.S. In the series form given
by (1.22),the Aleph-function of two variables in serie form given by (1.21) and the multivariable Aleph-function
involving there in terms of Mellin|-Barnes contour integral by (1.1). Now interchange the order of summation and
integration (which is permissible under the conditions stated), so that the L.H.S of (2.1) say I assume the following from
after a little simplification :

Mz M; [Q1/P1] [Qr/Pr] G1+G2

Z Z Z Z Z /Bq G1'(5 Go |A<nG1,91777G2,92)y117G1 g1y727G2792

G1 Gao= 091—092—0 a1=0
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1
Y RV /R /) p— e, 8y 0 Sk
174 B Zr)r /Ll /Lr Y(s1 sr) k:|:|1 k(sk) 2

[/ _ u+p177G1 g1 tP2NGy, g9 tH1a1+ -+ Hrar+thisi++hrs.—1

(t _ m)v+q1ncl,g1+qwcz,g2 +Kia1+--+Krar+tkisi+-+krs,.—1
(1‘ — w)_“_“_(pl““Jl)nGLsu —(p2+a2)ncy,9o —(H1+K1)ar1——(Hr+Kgr)ar—(h1+k1)s1——(hr+ky)sr-—1
dxdsq - - ~dsr] (2.5)

On evaluating the inner integral occuring on the R.H.S. Of (2.5), we get after simplification :

My Mj [Qi/Pi]  [Qr/Pr] —)G1+Ga

I= (t - S)u+v(t — w) Z Z Z Z Z 6 G1|5 G ' ’/Gl 91ng2 .92

G1,G2=091=09g2=0 a1=0

a1 « ]‘ -
Al Zl -..ZRR A(TIGl,gl7nG2,g2) W/Ll .../Lr'lp(sl’... ’Sr)ggk(Sk)Z k

[g(t)|HrHEDen++(Hrt Kr)ar [g(4)](hatky)sitt(hrthe) s,
F(’U, + (plnGlagl + P2NGy,g9. T+ Hioq+ -+ Hgarg +his1+---+ hrsr)
XF(/U + 411G, .91 T @©2NGs,9. + k101 + - + kpag + kisy + -+ krsr)

X[T(u+v+ (p1+q)na, g0 + (P2 + @206y, +(H1 + Ki)on + -+ (Hr + Kr)ar+

+(hy +k1)sy+ -+ (hye + ky)s,)] dsy - - - ds, (2.6)
t —
where g(t) = o jj

Finally, on reinterpreting the Mellin-Barnes contour integral in the R.H.S. Of (2.6) in term of the multivariable Aleph-
function given by (1.11), we arrive at the desired result. The proofs of the integrals (2.2), (2.3) and (2.4) can be
developed on similar method.

3. Particular cases

a)Ifv; = ¢;0) = -+ = t;(m = 1, then the Aleph-function of several variables degenere to the I-function of several
variables defined by Sharma and Ahmad [4].

S i (o)™ (@), - ym(g@) " (h(@) ) 15 ﬁ s

2, (g()) (h(z) )
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Mo Mz W1/ W R/ LR) G1+G2

B Z Z Z Z Z 59 G1|5 G2 A(77G1,91»77G2,gz) y;]GLgl ngQ’gz

G1,G2=091=0g2=0 a1=

_ w)—v—qmcl,gl —Qq2MGy,9o —K1a1——Kgragr

Ayt - yg" (s

(t - w)_u_Plncl,gl —P2NGy,99 —Hi1—-—Hprar

(t _ S)u+v+(p1+th)ncl g1 F(P2ta2)nc,, g +H(H1+ K)o+ +(Hr+KRr)ar

z1(g'(£))" (R (t))™
(1 -u-p1na, g, — P2MG2.9s — Zf;l Hiog;hay -+ hy),
IO n+2:V e
Us1: W

Zr (g/(t))’;" (h(t))k" .......

(1 V- qQ11G1,91 — 92"MG2,92 — Zf;l Kzaza kla to 7k7")7A :C

3.1)
R
(L-u-v-(p1 + q1)1G1 91 — (P2 + @2)NGago — Doiy (Hi + Ki)aisha + K, -+ he + k), By D
r—S
Where g(z) = — and Usin=pi+2,¢; +1; R
b)/ (t—x)"" 1SP1" ,QR[yl( z) g yp(t — x)KrgtR
71zt (t — z)*r
y1aPr(t — )T\ onv '
N (aarnta = ope) R
zp " (t — )k
My M3 [Q1/P1] [Qr/PR] G1_|_G2
n n
= Z )IDIEDDIE Z ﬂ G 154, G T o5 A6 MG )y T Y
Gl,GQ 091 OQQ 0 1= 0 91 1
Alytlxl .. .,y}X?R(t _ S)u+v—1+(p1+q1)ncl,g1+(p2+q2)nc2,g2+(H1+K1)a1+--~+(HR+KR)aR
thh1+k1 .
(1 -u-p1nG, g, = P2NGa,ge — Doimy Hictisha, -+ ),
0,n+2:V o
IU; W
Zrth;-i-kr .......
R
(1 -V- C117701,91 - QZnGg,gg - Zizl Kia‘i; kla T 7k7‘)7 A:C
o (3.2)

(1—U—V—(p1 + C]1)77G1,g1 - (pZ + Q2)77G2,g2 - Zil(Hl + Ki)ai; hy + klv e 7h7“ + kT)v B; D
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Where :Us1 = p; +2,q; + 1; R

c)/

(1 —2)" " aFifa, B us ]S40

Zl(l — .'I?)hl
» )
)I . dz
7 (1 — )P

M, Mz [Q1/P1] [Qr/Pr]

Y Yy Y 2

G1,G2=091=0g2=0 a;1=0

Al

HR]

Zf; (1 —2) - yp(l — )

G1+G2
NG1,91,,"1G2,92
Yo

6 G1|5 G IA(UGl ,911 TG, g2)y1
g1

(1-u-v-png, g ++ 06— Zf;l Hiaishy, - hy),
At gy Tyt L
z, (]_ -U-V -qNG,,g, + Q0 — Z,, 1 H;ashy, - ;hr),
(1 -V -PNG1,g1 — Zf:l Hiai; hl’ T ’hT)’ A:C
(1—11—V- qna,,g- + 5 - Zil Hiai; hla T 7hr)7 B; D

Where :Uss = p; +2,q; +2; R

w

d)/l1 (1+z)" Y1 —a) 1 p(a’,p’ )(1 ~st(1—x)/2) R (yl(l i ﬁ)m(l _ x)‘h>

—gj)Kl’...

0,n:V )
Iy w . dzx

M; M; [Q1/P1]

3D 35 3D S i

G1,G2=0g91=0g2=0 a1=0
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A&l R 2“+U+(p1+g1)7701»91+(p2+q2)7lG2,92+(H1—H€1)Oé1+'"+(HR+KR)aR—1(a + 1; w)
1Y1 Yr w!

S~ (Cus R0t B R (o

— R!(a/ + 1; R)
Z12h1+/€1 R
(1 ‘u'plnGl,gl - p27]G2,g2 - Zizl Hiai; h17 e 7h7°)7
IO n+2:V e
Us1:W

Zr2h7«+kT .......

(1 -v- d1MGy .90 — 42MGa.90 — Zf;l Kia; ki, - ky),A: C

(3.4)
(1-u—v—(p1 + CI1)77G1,91 - (p2 + qQ)nG2,92 - Zf:l(Hl + Ki)ai; hy + kjla T 7h7“ + kr)’ B; D
Where :Us1 = p; +2,¢; + 1; R
b)If R = R(l) = ... = R(T) = 1, the multivariable I-function degenere to the multivariable H-function , see
Srivastava et al [8] , we obtain :
t
3 3 o )P (h(x))e
a) T — s 1t—l'v 1113—1,0 qu<y1(g(‘/L>) ( )
/S (= (=) o —w) va(g(x))P2 (h(2))®
21 (g(x))™ (h(z))*
SoU T yn(g(@) ™ (h(@) S+ yr(g(@) 7 (h(2)K7] B : da
7 (g ()" (h(x))*

My Ms [Q1/P1] [Qr/PR] G1_|_G2 ) .
NG1,91,,"1G2,92
Yo

- Z Z Z Z Z Bq G1'5 G, |A(77G1,g1777G2,g2)y1

G1,G2=0¢91=0g2=0 a1=0

_ w)—v—qmcl,gl —q2NGg,9o — K101 ——KRrag

Ay g0ty SR (s

(t — w)_U_PlnGI,gl —p2NGy,go —Hio1—-—HRrar

(t _ S)u-l—va(m—Hh)nc1 g1 F(P2+a2)nGs go H(H1+K1)ar+--+(Hr+Kgr)ar

Zlg,t h1 h,t k1
( ( >) . ( ( )) (1 ‘u‘plnGl,gl _p2nG2,92 - Eil H’La'ba hl? T 7h"l")7

0,n+2:U
Hp+2,q+1 vV

Zr(g/(t))}” (h(t))kr .......
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(1 -v- dinGy,90 — Q2NG,g0 — 2?;1 Kiag ky, - k), A:C

3.5)
R
(1—11—V‘(p1 + Q1)77G1,g1 - (p2 + Q2)77G2,g2 - Zi:l(Hi + Ki)OéiQ h,l + kl, e ’hr + kr)7 B; D
xr— S
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r —w
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R
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(1 -v- dinGy,90 — Q2NG,g0 — Zil Kiag ky, - k), A:C
: (3.8)
(1-u-v-(p1 + q1)nGy 9. — (P2 + @2)1Gs.9, — Zil(Hi + K;)ogshy + kv, -+ he + k), B; D

4.Conclusion

The aleph-function of several variables presented in this paper, is quite basic in nature. Therefore , on specializing the
parameters of this function, we may obtain various other special functions such as I-function of several variables
defined by Sharma and Ahmad [4] , multivariable H-function , see Srivastava et al [8], the Aleph-function of two
variables defined by K.sharma [6], the I-function of two variables defined by Goyal and Agrawal [1,2,3], ,and the h-
function of two variables , see Srivastava et al [8].
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